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 In this investigation we generalized the class introduced by J. patel [7] of 

multivalent analytic functions to the subclass 
),,,,,(  p  which has been 

recently published. Also we derive various properties by using the techniques of 

Briat-Bouquet differential subordination.  
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Introduction 

Let T(p) dente the class of functions of the form  
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Which are analytic in the unit disk U={z:|z|<1}. 

Let S*p(α) and C*p(α) (0≤ α <p) denote subclass of 

functions in T(1) which are univalent, star like of order 

α, convex of order α, respectively. A function f  T(p) 

is said to be multivalent  Bazilevic of type μ and order 

α, if there exists a function 
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For some μ (μ ≥ 0 ) and ( 0 ≤ α < p). denoted by 

B(p,μ,α) consider the real numbers A,B such that  ( -1 

≤ B < A ≤ 1), and 
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The symbol (  ) stands for subordination. 

Let  
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 for some 

real μ(μ ≥ 0 ) ,   C/ {0} , λ > 0 , 0 < δ ≤ 1 and  
 pSg

 . 

If  σ =1 and δ =0  we have A 
),,,( pW

 studied 

by [7]. 
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In order to prove our results, we need the following 

lemmas: 
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Lemma 1: [2] if   -1≤ B < A ≤ 1 , β > 0 and C  

such that                   R(γ) ≥ B

nB
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Has a univalent solution in U given by  
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If  Q(z)  =  1+c1z + c2z2 + ….  is analytic in U and satisfies 
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And q(z) is the best dominant of  (6). 

Lemma 2 : Let q be a convex function in U and let 

Uz )( be analytic with R{ (z) ≥ 0 }, if  h is 

analytic in U and  h(0) = q(0) then 

)()()(

)8()()()()()( /

Uzzqzhimplies

Uzzqzzhzzh





  

Lemma 3: Let v be a positive measure on [0,1], let h 

be a complex valued function defined on U×[0,1] such 

that h(.,t) is analytic in U for each t[0,1] and h(z,.) is 

v-integrable on [0,1] for all zU in addition, suppose 

that R{h(z,t)} > 0 , h(-r,t) is real and R{1/h(z,t)}≥ 1/h(-

r,t) for all |z|≤ r <1 and t[0,1] , if                                                                 
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 then R{1/h(z)}≥ 1/h(-r)          (9) 

Lemma 4: Let a,b,cR and c ≠ 0,-1,-2,…  we have  
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2F1(a,b,c,z)=2F1(b,a,c,z)           (11) 

2 F1(a,b,c,z) = (1-z) 2-a F1(a,c-b,c,z/z-1)                             

(12) 

Where г is gamma function and 2F1 is hyper 

geometric function. 

Lemma 5 : Let p(z) = 1+c1+c2z2+…  be analytic 

function is U and p(z)≠0 in U . if there exists apoint 

z0U such that  
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And  (p(z0)1/γ = ± ix(x > 0)                                                          (15) . 

Lemma 6 : Let gS*p(A,B),µ,c are real numbers with µ> o , 

c > max

)16(),(,
)1(

)1(
, , BASFthen

B

Ap
p pc













 




 

Main Results 

Theorem 3.1 : Let f AWp (λ,µ,σ,δ,A,B) then 
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And q is the best dominant of ( 4 ). Also , if 
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   with -1≤ B < 0 , then AWp(λ,µ,σ,δ,A,B) 
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 is analytic in U. by logarithmic differentiations the last 

expression, we get 
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There fore  ψ(z) 

satisfies (6) and hence by Lemma (1) ,we have  
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where q(z) is given by(5) for   A=B+(A-B)(1-δ)  , γ = 

0  ,  β = p/λ . Now if we put  B

ABp
a



 )1)(( 


,   c = p/λ +1 , 

then c > b > 0  for B ≠0 and making use lemma (4) , 

we have  
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for case B = -1 , we have 
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  دراسة التفاضل الثانوي المرتبط مع دوال باسليوفك المتعلقة بالقطاع الدائري

 علاء عدنان عواد    عبد الرحمن سلمان جمعة                

 الخلاصة:

إ ييييييييص  يييييييي   ق  يييييييي    J. Patel [7]فييييييييب ثييييييييحق ق الييييييييع مة ييييييييل اللليييييييييد ق ةلسةيييييييي  ق  لةيييييييي    ييييييييس ق  ق لل ي ييييييييي  ق ةل ييييييييسس  ا ق يييييييي             
 BAP ,,,,,  لل يلت اريت   لفلض  ق ثل  ي سقمليع كلن  شره اشك   سيس  كح ك قشلللد خ قص ق س ق  ق ةل سس  ال لخ . 


